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The possibility of decreasing the depth-dose inhomogeneity in polyethylene with double-sided and one-sided electron

irradiation at different angles with a maximum efficiency of beam use is investigated. The least squares method was

used to determine the optimal parameters, the thickness of the object, and the fraction of the beam incident on the

object at angles Θ = 0◦ and Θ ̸= 0◦. When irradiating with a main beam with an angle Θ = 0◦ and an additional

one with Θ = 70◦, it was shown that at an efficiency of ≈ 97%, the technique allows reducing the deposited dose

inhomogeneity in objects from 70, 51 and 38% to ∼17%, and with filters from Al (efficiency ≈94%) to 5% for

electron energies of 2, 5, and 9MeV respectively.

PACS: 29.25.-t, 29.85.-c, 52.59.-f, 24.10.Lx

1. INTRODUCTION

Currently, for the sterilization of almost all medical
devices, electron accelerators with energies up to 10
MeV are used. Electron beams are used in radiation
technologies to change the properties of polymers and
other materials, electronic products, etc.

The main requirement for the radiation treatment
of objects is not to exceed the depth-dose inhomo-
geneity in the irradiated volume. To do this, the
thickness of objects is decreased, which reduces the
efficiency of using accelerators. To make the argu-
ments clear, let us consider the depth-dose distribu-
tion defined as the average energy deposited in object
per unit depth.

To increase the volume, objects are double-side
irradiated, and to reduce depth-dose inhomogeneity,
filters [1] are used that decrease the energy of a part of
the electron beam. With optimal double-sided elec-
trons irradiation by energy of E0 ≤ 10 MeV , for
example, polyethylene, the depth-dose inhomogene-
ity is ∼40%. In [2, 3], a technique for determining
the optimal parameters of filters, which reduce the
energy E < E0 for a part of the electron beam was
developed. In this case, depth-dose heterogeneity is
significantly reduced, but this method decreases the
efficiency of using an electron beam.

The aim of this work is to study the possibility of
maximum electron beam efficiency due to dose equal-
ization along the depth of an object under irradiation
by electrons at different angles.

2. CALCULATION METHOD

A reliable calculation of the deposited dose for real
irradiated objects, with taking into account different

initial conditions: energy and angle of incidence of
electrons, geometry and materials of irradiated prod-
ucts, is usually based on the Monte Carlo method. To
calculate the electron transport, with taking into ac-
count all the processes of their interaction with mat-
ter, we use the GEANT, EGS, PENELOPE, MCNP
programs, as well as specialized packages of the RT-
Office type [4].

Polyethylene is used as the research material,
which is used in most medical devices, as well as
material with shape memory. Dose distributions in
polyethylene for energies of 2, 5, and 9 MeV were
calculated using the PENELOPE package [5] in the
range of electron incidence angles from 0 to 80◦ rel-
ative to the normal to the surface of the irradiated
object.

Fig.1. shows the dose distributions D(X,E0,Θ)
in polyethylene depending on the depth X for elec-
tron incidence angles Θ=0, 40, 60, 70, and 80◦ with
energies E0 = 2, and 9 MeV .

From the above data, it follows that with an in-
crease in the deviation of the incidence angle of elec-
trons from the normal (0◦), the deposited dose in the
surface layer of the irradiated object increases.

In this case, the form of the dependences
D(X,E0,Θ) for different values of the electron energy
E0 is similar for the same incidence angle of Θ. With
increasing incident electron energy for incidence an-
gles Θ = 0, the difference between the maximum dose
value Dmax = D(Xm, E0, 0) at a depth of Xm and
on the surface of the object Dsurf = D(0, E0, 0) de-
creases. For electron energies E0 =2, 5, and 9 MeV,
the ratio (Dmax − Dsurf ) · 100/Dsurf =70, 51, and
38% respectively.
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The data shown in Fig.1 illustrate the possi-
bility of reducing the non-uniformity of the de-
posited dose when objects are irradiated with elec-
tron beams of different energies. Obviously, if an
object irradiated by E0 = 9 MeV electrons for in-
cidence angles (Θ = 0◦) is additionally irradiated
by E0 = 2 MeV electron beam with lower intensity
for incidence angles (Θ = 0◦), then the deposited
dose will increase in the thickness range 0...1 cm.

Fig.1. Dose distributions in polyethylene depending
on depth X for incidence angles Θ = 0, 40, 60, 70
and 80◦ with electron energy E0 = 2 MeV (a) and
E0 = 9 MeV (b) respectively

This will lead to a decrease in the inhomogeneity
of the deposited dose in the irradiated object, but a
second beam with low energy is required. Instead of
a low-energy beam, filters are used [1], metal plates
that overlap part of the electron beam and reduce
beam energy, which improves the dose inhomogene-
ity in the object, but reduces the efficiency of the
radiation process.

From the data shown in Fig.1, it follows that when
objects are irradiated with an electron beam with en-
ergy E0, where part of the beam hits the object at
an angle Θ = 0◦, and part of the beam at an an-

gle Θ > 0◦ the non-uniformity of the deposited dose
can be reduced. The angle of the electrons incident
on the object is changed by a magnetic field, for ex-
ample, the Panovsky lens, and does not change the
energy of the electrons. That is, unlike the use of
filters, when irradiating objects with electrons at dif-
ferent angles, all the energy of the electron beam is
transferred to the irradiated object.

The total depth-dose of the thickness of the object
when irradiated with two beams at an angle Θ = 0◦

and at an angle Θ ̸= 0◦ is determined by the relation:

Dsum(k,X,Θ) = D(X,E0, 0)+k ·D(E,X0,Θ) , (1)

where X is the coordinate at the depth of the irra-
diated object, k is the fraction of the electron beam
incident on the object at an angle Θ (k > 0). For
double-side irradiation of an object of thickness Rt
with two beams, the dose along the depth of the ir-
radiated object is determined by the relation:

Dds(X, k,Θ, Rt) = Dsum(X, k,Θ)+Dsum(Rt−X, k,Θ) .
(2)

The inhomogeneity of the deposited dose over the
depth of the irradiated object by electrons with en-
ergy E0 depends on the values of the parameters k
and Rt. In [6], the optimal parameters k and Rt were
determined by minimizing the standard deviation of
Dsum fromDmax in the thickness range 0...Xm. This
technique is applicable when the depth-dose created
by an additional electron beam is released at a thick-
ness of the irradiated object less than Xm. The use
of absorption filters in [6], which reduce the energy of
part of the electron beam, allows one to obtain dose
distributions close to Add dose to 0◦, see Fig.1. An
additional beam with a dose distribution of Add dose
to 0◦ allows the depth-dose to be flatted in depth in
the thickness range 0...Xm.

In our case, the deposited dose from the additional
beam with Θ ̸= 0◦ is distributed at the same depth of
the object as the dose from the main beam Θ = 0◦.
We determine the optimal values of the parameters k
and Rt, at which the inhomogeneity of the deposited
dose is minimal over the entire thickness of the ob-
ject, with double-sided irradiation. We use a similar
technique proposed in [7], where the optimal parame-
ters of radiation sources are determined at which the
standard deviation of the dose rate from its average
value is minimal. The average value of the deposited
dose in the thickness range 0...Rt is determined by
the relation:

Daver(k,Θ, Rt) =
1

Rt
·

Rt∫
0

Dds(X, k,Θ, Rt)dX . (3)

Then the standard deviation ofDds fromDaver in the
interval 0...Rt is determined by following relation:

∆(k,Θ, Rt) = (4)

=

Rt∫
0

[Dds(X, k,Θ, Rt)−Daver(X, k,Θ, Rt)]2dX .
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The optimal parameters k and Rt are determined
from the joint solution of the system of differential
equations (5).

d(∆(k,Θ, Rt))/dk = 0 , (5a)

d(∆(k,Θ, Rt))/dRt = 0 . (5b)

3. CALCULATION RESULTS

The technique of minimizing the standard deviation
of the deposited dose in polyethylene from the aver-
age value allows us to determine the optimal values
of the parameters k and Rt for energies of 2, 5, and
9MeV at different incidence angles Θ of the addi-
tional electron beam. Fig.2 shows the dose distribu-
tions in polyethylene upon double-sided irradiation

by electrons with energies of 2 and 9MeV with an
additional beam incident on the object at an angle
Θ = 70◦. Fig.2 also shows the depth-dose distribu-
tions created by the main beam (Θ = 0◦, see Fig.
1) and the additional beam (Θ = 70◦, see Fig.1).
The values of D(X,E0, 70

◦) are given with the op-
timal coefficient k. The values of the optimal pa-
rameter k decrease with increasing electron energy.
At E0 = 2 MeV k = 0.617, and at E0 = 9 MeV
k = 0.227. The proposed irradiation technique makes
it possible to reduce the depth-dose inhomogeneity in
objects instead of 70% to ∼17% when irradiated by
2 MeV electrons, and instead of 38 to ∼16% when
irradiated by 9 MeV electron energy.

Fig.2. Dose distributions in polyethylene depending on depth X for incidence angles Θ = 0 and 70◦ with
electron energy E0 = 2 MeV (a) and E0 = 9 MeV (b) respectively

Table 1 shows the values of the optimal parame-
ters k and Rt for combined irradiation of polyethy-
lene by 2, 5, and 9 MeV electron beams at angles
Θ = 0◦ and Θ = 70◦. The values of deposited en-
ergy (DEPOS) (column 3) in polyethylene, the en-
ergy carried away by backscattered electrons from
the surface of the polyethylene (BACK) (column 4)

and the energy of the bremsstrahlung photons gen-
erated in the polyethylene and not deposited in it
(TRANS) (column 5) are given as for combined irra-
diation, and for angles Θ = 0◦ and Θ = 70◦. The
depth-dose heterogeneity is determined by Dds =
(Dmax

ds −Dmin
ds )/Daver.

Table 1. The optimal parameters k and Rt, as well as the energy distribution during the combined
irradiation of polyethylene by 2, 5, and 9 MeV electron beams, at angles Θ = 0 and 70◦

E0, MeV Angle, deg. ENERGIES, % k Rt, cm ∆Dds, %
DEPOS BACK TRANS

1 2 3 4 5 6 7 8
0◦ 99.2 0.35 0.43

2.0 70◦ 95.3 4.29 0.37 0.617
0◦ + 70◦ 97.7 1.85 0.41 1.56 16.3

0◦ 98.6 0.18 1.26
5.0 70◦ 96.7 2.21 1.09 0.372

0◦ + 70◦ 98.1 0.73 1.22 4.33 18.3
0◦ 97.2 0.15 2.69

9.0 70◦ 96.6 1.28 2.17 0.227
0◦ + 70◦ 97.1 0.36 2.59 8.1 16

From the Table 1 of the data it follows that the ef-
ficiency of combined irradiation of polyethylene with
electron beams at angles of 0 and 70◦ in the energy
range of 2...9 MeV exceeds 97%.

The main contribution, see Fig.2, to the degree of
depth-dose inhomogeneity falls on the surface layer of
the irradiated object. If particles with low energies
were present in the spectrum of electrons incident on
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polyethylene, then the dose in the surface layer would
increase.

By analogy with filters, to change the spectrum of
electrons incident on an object, we add a thin layer
of metal − a filter placed in front of the object. Note
that for electrons incident on the object at angles
other than zero, the effective thickness of the metal
will be greater, and accordingly, the energy loss is
greater than for electrons incident at an angle Θ = 0◦.

For energies of 2, 5, and 9MeV and combined elec-
tron irradiation at angles Θ = 0 and 70◦ of polyethy-
lene, at a distance of 5 cm from the surface of which
there is a metal layer, the optimal values of the pa-
rameters ka and Rt are determined.

We studied the use of a number of materials for
filters, it was shown that the minimum energy loss
of electrons in the filter with its sufficiently high effi-
ciency is provided by materials from light elements,
in particular from aluminum. The data when using
an Al filter, similar to the data given in Table 1, are
shown in Table 2. In addition to the deposited energy
(DEPOS), the energy carried away by the backscat-
tered electrons from the surface of the polyethylene
(BACK) and the not deposited bremsstrahlung pho-
ton energy (TRANS), the deposited energy values in
aluminum filter layer are shown in Table 2.

Table 2. The optimal parameters ka and Rt, as well as the energy distribution during the combined
irradiation of polyethylene by 2, 5, and 9 MeV electron beams, at angles Θ = 0 and 70◦

E0, MeV Angle, deg. ENERGIES, % DEPOS-Al ka Rt, cm ∆Dds, % Al,mm
DEPOS BACK TRANS

1 2 3 4 5 6 7 8 9 10
0◦ 97.2 0.44 0.46 1.9

2.0 70◦ 90.0 5.56 0.41 4.04 0.61
0◦ + 70◦ 94.5 2.38 0.44 2.71 1.44 4.61

0◦ 96.1 0.23 1.37 2.33
5.0 70◦ 91.0 3.09 1.22 4.68 0.395 0.3

0◦ + 70◦ 94.6 1.04 1.33 3.00 4.05 4.90
0◦ 94.3 0.17 2.76 2.66

9.0 70◦ 90.4 1.89 2.41 5.09 0.230 0.6
0◦ + 70◦ 93.6 0.49 2.70 3.12 7.65 5.16

Fig,3 shows the dose distributions in polyethylene
under double-sided irradiation by 2 and 9MeV elec-
trons with an additional beam incident on the object
at an angle Θ = 70◦ and an Al filter with a thick-
ness of 0.1 and 0.6mm. The values of D(X,E0, 70

◦)
are given with the optimal coefficient ka, which are
slightly less than k, see columns 6 and 7 in Tables 1
and 2.

Thus, the use of aluminum filters reduces the in-
homogeneity of the depth-dose by more than 3 times,

and the efficiency of using an electron beam in the en-
ergy range of 2...9 MeV decreases by approximately
3% to ∼ 94%. When the beam is partially over-
lapped by [6] filters, whose thickness for Al is an
order of magnitude larger than those proposed in
this work, the efficiency of using the electron beam
reaches 58% for 2MeV, 77% for 6MeV, and about
90% for 10MeV. The inhomogeneity of the depth-
dose for these options is comparable with the results
obtained in the present work 5%.

Fig.3. Dose distributions in polyethylene depending on depth X for incidence angles Θ = 0 and 70◦ by
E0 = 2 MeV electron with 0.1 mm Al filter (a) and by E0 = 9 MeV with 0.6 mm Al filter (b) respectively
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Note that close results on the degree of beam in-
homogeneity compared to irradiation using filters can
be obtained by combined irradiation with electrons at
angles Θ = 0 and 80◦ of polyethylene without filters.

As follows from Figs.1 and 3, the depth-dose dis-
tribution form D(X,E0, 80

◦) and ka×D(X,E0, 70
◦)

with an Al filter are close to each other.

However, in practice, the use of beams incident on
the irradiated object at angles close to 90◦ is difficult.

4. CONCLUSIONS

It was shown that when polyethylene is combined
irradiated by the main electron beam (incident on
the object at an angle of 0◦ relative to the normal)
and an additional beam (for example, incident on
the object at an angle of 70◦ relative to the normal),
the depth-dose inhomogeneity decreases significantly
with double-side and one-side irradiation.

To determine the optimal parameters, the fraction
of the beam incident on the object at angles Θ = 0◦

and Θ ̸= 0◦, as well as the thickness of the object,
the least squares method was used. It was shown that
double-sided irradiation with the main ( Θ = 0◦) and
additional ( Θ = 70◦) electron beams with an alu-
minum filter provides a depth-dose inhomogeneity of
∼ 5%.

The efficiency of using electron beams with op-
timal parameters is ∼ 94% for energies of 2, 5, and
9 MeV and filter thicknesses of Al = 0.1, 0.3, and
0.6 mm respectively.
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ÂÛÐÀÂÍÈÂÀÍÈÅ ÄÎÇÛ ÏÎ ÃËÓÁÈÍÅ ÏÐÈ ÎÁËÓ×ÅÍÈÈ ÝËÅÊÒÐÎÍÀÌÈ ÏÎÄ

ÐÀÇÍÛÌÈ ÓÃËÀÌÈ

Â.Ã. Ðóäû÷åâ, Â.Ò. Ëàçóðèê, Ä.Â. Ðóäû÷åâ, Å.Â. Ðóäû÷åâ

Èññëåäîâàíà âîçìîæíîñòü óìåíüøåíèÿ íåîäíîðîäíîñòè äîçû â ïîëèýòèëåíå ïðè äâóõñòîðîííåì è îäíî-
ñòîðîííåì îáëó÷åíèè ýëåêòðîíàìè ïîä ðàçíûìè óãëàìè ïðè ìàêñèìàëüíîì ÊÏÄ èñïîëüçîâàíèÿ ïó÷êà.
Äëÿ îïðåäåëåíèÿ îïòèìàëüíûõ ïàðàìåòðîâ, òîëùèíû îáúåêòà è äîëåé ïó÷êà, ïàäàþùèõ íà îáúåêò ïîä
óãëàìè Θ = 0◦ è Θ ̸= 0◦, èñïîëüçîâàëñÿ ìåòîä íàèìåíüøèõ êâàäðàòîâ. Ïðè îáëó÷åíèè îñíîâíûì ïó÷-
êîì ñ óãëîì Θ = 0◦ è äîïîëíèòåëüíûì ñ Θ = 70◦ ïîêàçàíî, ÷òî ïðè ÊÏÄ ≈97% ìåòîäèêà ïîçâîëÿåò
óìåíüøèòü íåîäíîðîäíîñòü äîçû â îáúåêòàõ ñ 70, 51 è 38% äî ∼17%, à ñ òîíêèìè ôèëüòðàìè èç Al
(ÊÏÄ ≈94%) äî ∼5% äëÿ ýíåðãèé ýëåêòðîíîâ 2, 5 è 9 ÌýÂ ñîîòâåòñòâåííî.

ÂÈÐIÂÍÞÂÀÍÍß ÄÎÇÈ ÏÎ ÃËÈÁÈÍI ÏÐÈ ÎÏÐÎÌIÍÅÍÍI ÅËÅÊÒÐÎÍÀÌÈ ÏIÄ

ÐIÇÍÈÌÈ ÊÓÒÀÌÈ

Â.Ã. Ðóäè÷åâ, Â.Ò. Ëàçóðèê, Ä.Â. Ðóäè÷åâ, �.Â. Ðóäè÷åâ

Äîñëiäæåíî ìîæëèâiñòü çìåíøåííÿ íåîäíîðiäíîñòi äîçè â ïîëiåòèëåíi ïðè äâîñòîðîííüîìó i îäíîñòî-
ðîííüîìó îïðîìiíåííi åëåêòðîíàìè ïiä ðiçíèìè êóòàìè ïðè ìàêñèìàëüíîìó ÊÊÄ âèêîðèñòàííÿ ïó÷êà.
Äëÿ âèçíà÷åííÿ îïòèìàëüíèõ ïàðàìåòðiâ, òîâùèíè îá'¹êòà i ÷àñòîê ïó÷êà, ùî ïàäàþòü íà îá'¹êò ïiä
êóòàìè Θ = 0◦ i Θ ̸= 0◦, âèêîðèñòîâóâàâñÿ ìåòîä íàéìåíøèõ êâàäðàòiâ. Ïðè îïðîìiíåííi îñíîâíèì
ïó÷êîì ç êóòîì Θ = 0◦ i äîäàòêîâèì ç Θ = 70◦ ïîêàçàíî, ùî ïðè ÊÊÄ ≈97% ìåòîäèêà äîçâîëÿ¹
çìåíøèòè íåîäíîðiäíiñòü äîçè â îá'¹êòàõ ç 70, 51 i 38% äî ∼17%, à ç òîíêèìè ôiëüòðàìè ç Al (ÊÊÄ
≈94%) äî ∼5% äëÿ åíåðãié åëåêòðîíiâ 2, 5 i 9 ÌåÂ âiäïîâiäíî.

124


